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Vv C1LITDTS

ELEMENTORVM
LUBER Xk

DEFINITIONES.

- 1.8olidum elt;quod longitudinem & latitu.
dinem & craflitudinem habet,

2. Solidi autem terminus eft fuperficies,

3. Reffalinea ad planum rectum eft, quando
ad reftas omnes lineas, quae ipfam contin-
gunt & in {ubieto plano iacent, reftos angu-
los efficiat,

4. Planum ad planum reffum eft, quando
reélae lineae, quae communi planorum fectio-
ni ad rectosangulos & in vno plano ducuntur,
alteri plano ad angulos rectos fuerint. '

§5. Reliae lineae ad planum inclinatio eft;
quando a fublimi termino reftae illius lineae
ad planum acta perpendiculari, a pun&o faéto
ad terminum lineae, qui eft in plano, reéta li-
nea iunéta fuerit, angulus nempe acutus, qui
iunéta linea & infiftente continetur, '

6. Plani ad planum inclinatio eft angulus
acutus rectis lineis contentus, quae ad reftos
angulos communi planorum fetioni ad voum
ipfius punftum in vtroque ‘planorum du-
cuntur.

7. Planum ad planum fimifiter inclinari dis
citur afque alterum ad alterum; quando difl

Vs incli-
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inclinationem anguli inter fe fuerint aequa-
les, ;

8. Plana parcilela funt, quae inter {e non
conueniunt,

9. Similes fiourae folidee funt, quae {imili-
bus planis ac multitudine aequalibus conti-
nentur. : :

10. Aequalesvero & fimiles figurae folidae
fant, quae fimilibus planis, multitudine fimul
&magnitudine aequalibus, continentur.

11 Solidus angulus eft plurium, quam dua-
~zum, linearum, quae fefe contingant, & non
in eadem {int fuperficie, ad omnes lineas in-
clinatio.  Aliter. Solidus angulus eft, qui
pluribus, quam duobus, planis angulis, in
eodem non iacentibus plano, atque ad voum
punttum conftitutis, comprehenditur.

12, Pyramis eft figura folida planis com-
prehenfa, quae ab vno plano ad voum pun.
ctum conflituitur,

13. Prifina eft figura folida planis’com-
prehenfa, quorum aduerfa duo aequalia &
fimilia parallela funt, reliqua vero parallelo-
gramma. :

14. Sphaera eft figura ‘quidem compre-
henfa, quum circa manentem diametrum fe-
micirculus conuertitur, donec,in eundem
locum, a quo moueri coeperat, rurfus re-
fituatur,

15. Axis vero [uhaerae eft manens illa
refta linea, circa quam {emicirculus con-

uertitur.
16, Cen-
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16. Centrum autem fplhoerae eft idem illud,
quod & lemicirculi.

17. Dicneter vero fohacrae eft re@a linea
quaedam per centrum dutta, & ex vtraque
parte a {phaerae fuperficie terminata.

18. Conus eft figura quidem comprehenf,
quum rectanguli trianguli manente vno latere
eorum, quae circa rettum angulim funt,
triangulum ipfum conuertitur, donec in
eundem locum, a quo moueri coeperat,
rurfus reftituatur. - Verum i manens refta
linea aequalis fuerit reliquo lateri, quod cir-
ca re€tum angulum conuertitur, conus ortho-
ZGonius erit: {i vero minor, amblygonius : & {;
maior, oxygomius,

19. Axis autem coni eft manens illa re-
&a linea, circa quam triangulum conuer-
titur. ;

20 Bafis vero circulus a conuerfa refta
linea deferiptus - :

2 1. Cylindrus eft figura comprehenfa, quan-
do re&anguli parallelogrammi manente vno.
latere eorum, quae circa re€tum angulum funt,
paralielogrammum ipfum conuertitur, donec
in_eundem locum, a quo moueri coeperat,
rurfus reftituatur, ‘

- 22. Axis vero cylindri eft manens illa re-
&ta linea, circa quam parallelogrammum cons
uertitur. :

23, Bafis autem funtcirculi, qui a duo-
bus ex aduerfo circumaélis lateribus deferi-
buutur,

24. Similes
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2 4. Similes coni €7 cylindri funt, quorum &
axes & bafium diametri proportionales {unt.

2§, Cubus eft figura folida, fex quadratis
aequalibus contenta.

26. Tetraedrum eft figura folida, quatuor
triangulis aequalibus & aequilateris compre-

henfa,
27.08acdrumeft figurafolida, 0&0 triangu-

lis aequalibus & aequilateris comprehenfa.

28 Dodecaedrum eft figura folida, quae
duodacim pentagonis aequalibus & aeqmla-
teris &aequiangulis continetur.

29. loofaedrum eft figura folida, quae vi-
ginti  triangulis aequalibus & aeqmlatens
comprehenditur.

* y0. Parallelepipedum eft figura fohda fex
planis, quorum quae exaduerfo parallela funt,
contenta.

* 3 1. Solida fioura in folida ﬁgura dicitur
inferibi, quando omnes anguli ﬁgmae inferi-

tae conftituuntur vel in angulis, vel in late-
ribus, vel denique in planis ﬁgurae cui in-
feribitur.

* 32. Solida figura folidae figurae viciflim
circumferibi dicitur, quando vel anguli, vel
latera vel denique plana figurae circumferi
ptae tangunt omnes angulos figurae, circum
quam defcribitur

XI0MA

i fo (11 qu““fub aeque ml ?‘K
llbm ac em ordine pofiti an lis "platt
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PROP. I. THEOR. ‘
ReBlae linpae ABC pors quaedamnon-ef! in
fubieto plano DE, quaedam vero in fublipi.

C Si enim fieri poteft, fit pars
D : AB inplano DE, pars BC au-
—/:;_\ A/ tem extra.  lam, quia omnis
Z ~b /E: retta in dato planoin direftum

continuari poteft #, {it BF ine.2poft. 1.
dire¢tum ipfi AB, in plano DE.  Ergo re-
¢tae ABF, ARC fegmentum commune BAP-12.ax.1.
habebunt. Q.E. A%, :
. PROP. [I. THEOR.

“

Si duae reétae lincae AB,CD
Jé inuicem fecent, in vno funt pla-
G no. ltem, omne triangulum DER
in vno plano confiflit ‘

1.5i A DEB non fit in vne
plano :erit pars eius, velut EFG, inalio plano,
quam reliqua; ideoque reftarum ED, ER
vaiuscuiusuis pars erit in plano fubieéto, :
pars in fublimi, Q.E. A ¥, : _ : KRR 2 8

2. Ergo quum ED, EB fint in eodem plane,
CDautemfit¥in plano, in quo eft ED, & AR
in plano ¥ illo,in quo eft EB: necefle eft, vt
AB,CD fint 'in eodem plano. Q.E.D,

PROP. I1]. THEOR.

B Si duo plana AB, BC [i inuj-

cem ﬁ?mzt ; communis z"{‘;ﬁ,m'm

B e Jeilio DB eft linea refia,

Sienimlinea DB, in quap]a~

AT DN]C nafe invicem fecant, non fie

refta:ducatur a punéto B ad D
in




oL poft. 1. in

£ J2.a%.1.

G4 %
‘f.26-lo

bR ¢

r. 3. def.
Il
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plano AB alia refla ® BED, in plano
autem BC reffa BF D; & refta EFD
cum refta BED {patium comprehendet.
Q EA?®,

PROP.IV. THEOR,
Si refta linca EF dua-

; : 1]

A . C  bus refiis lineis AB, CD,
G y J¢ insicem fecantious. in
D K B communi ~ fetlione E  ad

reflos  angulos  infifiat,
etiam dutto per ipfas AB, CD plano ad resios
angulos erit.,

Sumatur AE==EB=CE =ED, & iun-
gantur AD, CB, & per E ducatur in pla.
no ACBD vtecunque retta G H, &a quo-
uis pu inéto F in fublimi ducantur reftac £ A
FG, FD, FB, FH, FC, Iam quia in Als
ALD, CEB eft ¢ AD= CB, & ang. EAD
= EBC: erit 7 in Ais AEG, HEB latus
AG = HB, & G'E =EH.: . Praeterea
quum in Ais AEF, BEF fit ¢ FA =
FB, & in Ais FED, FEC pari ratio-
ne gFD ==k G lerit i Ais AP Dy BEE
dng,: FAD = * BB Cr» Hincob AG ==
HB, & FA=FB, erit $ FG = FH; &
ob idin Ais GEF, HFE erunt ¥ anguli ad
E aequales, id eft recti, Similiter oltendi-
tur EF ad omnes alias rectas in plano ALBD
per. E duftas angulos reftos efficere,  Lir-
go ' FE plano per AB, CL) ad rettos angulos
et B

PROP,



PROPAVI THEOR. - .
A ; St refla linea AB #ribus re-
C K @islineis, BC, BD, BE, fife
tangentibus, iy communi [¢Elio-
B~ neBadrebtos angulos infiftat:
2 E  tyes illae refiae lineae BCfJBD,
BE in vno plano erunt,
Si fieri poteft, {int BD,BE quidem in fubie-
&o plano, BC vero in fublimi, Planum per ,
AB, BC producatur, donec fubieftum fece;_u
“in * relta BF.  Tam quia AB ipfis BD, BE 'ad "3 1L
reftos infiftit, erit eadem ad planum fublgt
&um reéla?, ideoque ipfi BF, quae etiam in* 4. II.
lano fubieto eft, ad reftum # angulam infi-* 3.def.11.
ftet. Sed ponitur quoque ang. ABC rectus.
Ergo ang, ABF— ABC. Sed hi anguli funt
in eodem plano per AB, BC. Ergo totus
ABF aequalis eft parti ABC. Q.E.A.

PROP, VI. THEOR,

A Si duae reflae lineae AB, CD

eidem plano ad reffos angulos

fuerint, parallelae  erunt ipfae

B D reffae lineae AB, CD,

- Infiftant AB, CD fubieto

plano in puntlis B, D. Tun-

E ttae BD ducaturin eodem pla-

no perpendicularis DE, quae fiat == AB, &

iungantur BE, AE, AD. Lt quia AB eft ad

planum fubiettum recta: erunt ang, ABD,ABE;
recti’.  Similiter ang. CDB, CDE refli erunt. o.5.def. 11.
Quum itaque ang, ABD =%BDE, & AB=—%.10. ax. I.

DE,
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DE, & BD communis: erit

A ¢ AD=*BE. Ergo inAls

BAE,DAEerit ang. ABE =7

B D .EDA; ideoque ED A rettus

erit, Sunt autem &ang, £DC,

EDB reth, Ergo rettae CD;

K DA,DBerunt ¢ in yno plano,

Sed AB elt in eodem plano 7, in quo funt

DA, DB. Ergo AB, CD funt in eodem

“plano.  Quare, quum ang. ABD, CDB

recti fint, ipfae AB, CD parallelae * funt,
Q. 5D

ERQP. VIL. THEOR.

K BB Si duae reffoe lincae

AB, CD parallelne fint;

, Jumantur autem in vira-

C F D gue ipfarum guaelibet pun-

! tla ¥, F: quaediffapun-

éta coniungit refia linea in eodem cum paral--
lelis plano erit,

Si fieri poteft, fit refta EGF in fublimi.
Ducatur per eam planum vteunque , quod
fecabit planum fubiettum in reéta?EF. ~ Er-
go duae rettae EF, EGF {patium compre-
hendent. Q. E.A. _ )

PROP. VIIL. THEOR.,

8i fuerint duae reifae lineae AB; CD par-
allelae, atque altera earum AB plano alicui fit
ad reffos angulos: &7 reliqua CD quogue eidem
Plano ad reffos angulos erit. F

Infiftant AB, CD plano fubieéto in puﬂ_&ls
B, D. lungatur BD. Ergo AB, BD, DC

erunt
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A ¢ erunt ? invno plano, ~ Duca:=¢. 7. 11.
tur in fubietto planc ipfi BD ad
: . reftos DE, & fiat = A B, jun-
B D ganturque AD, A E. EB,. (Juia
AB recta eft ad fubieGtum pla-
[ bum:eruntang. ABD, ABE ye- e
_ &ix, sed ang. ABD < CDBY#: 3. def.
= 2 retlis. Ergo CDB erit reétus. Et quia DE.‘p o
= AB &BD communis, & ang. EDB=ABD: ' 2" I
erit BE#:=AD. Hin¢in Ais DAE, EAB¥. 4. 1.
erit ang. EDA “ = ABE == refto. Sed &#.8. 1.
ang. EDB reétus eft. Ergo # ED eft ad pla=g. 4. 11
num per BD, DA refta. lam quia in plano
per BD,DA Tunt ipfaec AB?, B D: patet, CD .3, i,
in eodem plano effe. Itaque & ang. EDC
reétus % etit, Sed & ang. CDB rettus erat,
Ergo 8CD eft ad planum fubiettum rechu,
PROP: IX. THEOR,
ihaninla vt Quae. AB, CD
A gt ]“B :ez'dc% reflae  lineap
— e ol EE funt- parallelae,
L C—QK“D Jed non m Etlffjg’m
; cum ila plano, eciam
inter fé parallelae fint. ) :
‘Suriie in EF punftum G, exqiio ducad EF
in plano per AB, EF ‘perpendicularem GH,
in plano autem per EF, CD perpendicularem
GK. Quia ergo ang. LGH, EGK retti funt:
erit 'EF ad planum per HG, GK reta. [t & 4 it
que AB; CD ad idem planum refkaes erunt, = 8. 1.
ideoque ¢ parallelae, Q. E.D. ] g6 1t
X PROP.
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PROP. X. THEOR.
B Si diae redt - linene fofe
” tangentes AB,BC duabus re-
SC o fis lineis fefe tangentibus DE,
EF [fint parallelae, non ou-
tem in eodem plano : illae
. aequales angulos ABC,DEF

D E continebunt.
« Sume AB=DE, & BC=EF, & iunge
+.33 L. AD, BE, CF, AC, DF. Eigo erunt” AD,
CF aequales & parallelae ipfi BE, &ideo
2.9- 11. . AD,CF inter {e acquales & para‘llelaes’ erunt.
» 8 1.  Quare & AC =" DF, & ang. ABC="DEF.,
Q.E.D.

PROP, XI. PROBL.
A dato punbto A infubli-
mi ad fubieflum planum

- A a

= perpendicularem veflam li-

B neam ducere.
: ? (' In fubiecto plano duc
b D vteunqueretam BC, & ab
w12, 1.& A ad BC * demitte pe-
- W pendicularem AD, Si
ADad planum fubiecturh perpendicularis eft :
faftum iam erit propofitum. Sin minug:
duc ex,D in fubietto plano ad BC perpen-
dicularemDE,ad quam in plano EDA exA™
demitte perpendicularem AF,  Haec erit
defiderata. - i)
. Nam infubieéto plano ducatur per F ipfi
» conflr. BC parallela GH. Et quia * ang. BDA/BDE
“tqe L pefli funt, ideoqqe BC in planum EDA # 18;.-
i a

2.1
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Qa eft: erit & GH ad ‘idem planum 8. IT.
refta, & ergo ang. GFA § rectus, Sed oft ¥3:def 1.
etiam ang. DFA *reftus. - Ergo refta AF
eft ad planum fubie€tum # perpendicularis.
O ’
PROP. XII. PROBL,

Dato plano, a punffo A,
quid in ipfo datum cff, ad
rettos angulos retfam lineam
conflituere,

Intelligatur punétum B
= fublime, a quo ad datum
planum agarur ¢ perpendicularis B C, & huico. 11, 11.
parallela # AD ducatur, quae erit plano datow. 31. 1,
rectac. Q.E F. ' s TS

PROP, XIII. THEOR,

B; ¢ - Dato plano a punéto A, quod
' / i ipfo eff, duae reflae lineae AB,

T—F AC ad refios angulos non_confli-
A X tuentur ab eadem parte.
4 Sienim AB, AC fimul effent

D perpendiculares plano A: duéto

per BA, AC plano, quod planum A fe-

cet in refta DAE, forent ang. BAD &

CAD 7 retti, ideoque aequales; pars & to-s, 3. def

tum.  Q.E/A " : I,
PROP. XIV. THEOR,

v Ad quae plana CD, EF md'z'am refla linea
AB ¢ft perpendicularis, ea parallella fimt,

X 2 ; Sl '
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Si negas : pone illa produ.
&a fe fecare in relta G H, in
qua fumto punéto K, iunge
KA, KB. Ergo KABerit trian-
gulum. Et quia AR ett in pla-
num D H perpendicularis, in
r3def1t. - quo dutta eft AK: erit *ang.

BAK reftus. Similiter ang. ABK reftus
w12:1 gt QLA

PROP. XV. THEOR.

E Si duae refiak lineae AB,
BC fye tarcentes duabus
redtis lineis DE, EF feofe
tangentibus fint parclleioe,
non autem in eodem plano »
&7 quae per ipfas tranfeunt plona AC, DF

parallela erunt. R : -
Ducenim ex B in plasum DF perpendi-
cularem BG. &per G ipfi D parillelam HG,
¢.3.def11.ipfi EF vero parallelum GK. Refli ergo @
erunt ang, BGH,BGK. .kt quia AB, BG ipfis

x.9. 1t. GH,HK funt%parallelae: erunt & ang. GBA,
v.25. 1. GBC refli¥. - krgoGB ad planum AC etiam
o 411 @ rells erit, & hinc plana AC, DF erunt
& 1

411 parallela .~ Q, E, D.

‘ PROP. XVI. THEOR,

B Si duo plana para!fefa AB,
E " CDab aliguo plano EFGH
Jecentur & communes ipforum:

Jebliones FE, GH funt etiam
D . paralielae.

Si
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Si non fint parallelae: produfae alicubi
conuenient, vt in K. Sed quia reta EFK
eft in # plano, AB: erit & pun&lum K ing 1.1y
plano AB,  Similiter idem K erit & in
~plano CD, Ergo plana AB, €D produ-
& conuenient, nec ergo parallela ¥ erunt;v.8.def.rr.
gontra hyp. ‘

PROP. XVII, THEOR,,

G Siduae reflae lireae AB, CD
a parallelis planis GH, KL, MN
X fecentur, in eadem ratione fi a-
buntur (AE: EB==CEFE: FD),
lungantur AC, BD, AD,
M Occurrat autem AD plano KL
" BT D/ in O, &iupgantur OE, OF,
N Ergo quia plana parallelaKL,
MN a planoEODB (ecantur: erunt? £O, BD 3, 16, 11.
parallelae.  Eadem ratione OF, AC parallelae
erunt, ErgoAE:EB=f¢AQ:0D='CF:= 2.6.
¥D, QE D,
'PROP, XVIII. THEOR.
o Si refta linea AB plano
K TAF alicui CD fit ad refios an-
i g 70 los : & omnia quae per
G ipfam AB tranfeunt plana

é_}_{_]i/u EF eidem plano CD ad
refios angulos eruni,

Sit planorum CD, EF communis fefio re-
8aFBG, & ex einc puntto quouis Hin plano
EF ducaturipfi GE perpendicularis HK. ‘am
quia & ang. ABH reébus ¢ eft: erunt  AB,2.3.def11.
_ X3 K728 1.
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bl ¥ KH parallelae; & ‘hine

3.8 11. K |AP, KHeit? ad planum CD
e e retta.  Sed item & de res
I i G- liquis oftendetur, - quae vt

H B / KH in plano EF ad ipfam

D " EG perpandicuhres duci

poffunt.  Ergo planum EF plano CD rex

. 4 def, &um ‘lf‘_.'l-‘it. Similiter demonftrabimus, quod-

1. uis aliud planum per AB duflum plana CD °
reftum fore. Q.E.D, :

PROP XIX.: THEOR,

Ak Si duo plena [p inuicem ﬁ‘

'E) cantia AB, BC plano alitus
41 F AC ‘fint ad retlos angulos:
VLN communis dpforum feftio BD

AND ¢\ cidem plano A C ad reffos
‘ . angulos erit.

Si negas : duc ex inD plano quidem AB ad

AD perpendicularem DE, in plano autem BC

perpendicularem DF ad DC.  Sunt autem

AD, DC communes {ettiones planorum AB,

BC cum plano AC. Ergo duae retae ED,

« 4 def. FD ad angulos reftos*conftitutae erunt pla-

1.  no AC ab vno pun&to D & ab vna parte.

21311 QE.A% '
; PROP.XX. THEOR.

D i folidus angulus A

/ Sub. tribus angulis pla-

nis BAC, CAD,BAD

; contineatur > duo qm‘!i-

B & C bet CAD, BAD réli-

quo BAC maiores funt, gmmodacuﬂguﬂcﬁ}f?ﬁﬁ.

; al. 1.
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Caf. 1. Siang. BAC, CAD,B'AD aequales
funt: euidens eft propofitio, :

Caf. 2. Sed fi non fint aequales: {it eo-
rum maximus BAC.  In plano per BA. AC
fiat ang. BAD == BAE. & capigtur A FE—
'AD, & per E ducatur reta fecans ipfas AB,
ACin B, C, & iungantur BD, DC. Erit
ergo in Ais BAD, BAE bafis BD = # BE.p. 4.1,
Et quia BD -~ DC’> BC, erit DC £ > EC,v. 20, 1.
&ergoin Ais ADC, AEC ang. DAC > °&.5. :x.1.
EAC. Quare DAC ~4- BAU > 7 BAL;?;X :
Q.E.D, ;

PROP. XXI. THEOR,

D Omnis folidus  angulus

- A fub minoribus quam ¢ua-

B ¢ tuor reliis angulis plonis
: contnetur,

In reétis enim, angulos planos BAC, CAD;
DAB continentibys, fumtis quibusuis punélis
B,C D, iungantur BC, CL, DB Qua ergo
folidus ang. B continetur fub 3 planis ang.
ABC, ABD, DBC : erunt ang. ABU -+ ABD ¢¢. 20. 11.
>DBC. Eadem ratione in {olido T
erunt BCA=-ACD > 5CD, & in folido ang..
D eruntCDA-+ADRBR>(.DB. Ergo ABC
~ ABD ~BCA -+ACD -+ CDA -1 A DR
> DRC -~ BCD -+ CDB idefte 2 re&is.‘c.gz. I.
Sunt autem ang. ABC-+- ABD - BC A
ACD ~ CDA == ADB + BAC 4 CAD -
DAB="6 reftis. Ergoang BAC -~ CAD
—+DAB< "4 rectis, Q.E.D. ™ §.aX. 1.

X4 PROP,

1
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PROP, XXII, THEQR,

B K H
i D s

¢ Dol Gut K

A

Si fint tres anguli plani ABC, E, H,
_quorum dup reliquo funt maiores quomodocunque
Jumti; contineant autem ipfos reftac lincae
aequales AB, BC, DE, EF, GH, HK:
fieri poteft, vt ex iis AC, DF, GK, quae
veflas aequales coniungunt, triangulum confli-
tuatur, :

Caf 1.Siang, ABCz=E=Huernt * AC
— DF = GK ideoque duae quaeuis ipfarum
tertia maiores erunt vt ergo exipfis triangu-
lum conftitui queat. Q. K. D. :

* Caf 1. Si praediéti anguli non fuerint ae-
quales inter fe: fiat ang. CBL—=E, &BL—
AB, & iungantur AL, LC,  Eft itaque CL,
= *DF, & CL - AC > % AL. lam quia
ang. E 4+ ABC>H, &E= CBL. patet
effe ¥ ang. LBA > H, ideoque AL > ®
GK, FErgo DF 4~ AC > AL > GK,
Similiter oftendentur AC 4+ GK > DF, &

DF + GK > AC, Quum itaque ipfa-

rum AC,DF, GK duae quaeuis tertia fint
maiores: triangulum # ex iisdem conftrui
poteit. Q.E.D,

PROP,
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PROP, XXIII PROBL,
- Extribus angulis plenis ABC, DEF, GHK,
quoruin duo religuo. funt maiores. quomodocun-
que fumti, flidun angulum conflituere: opor-
tet autem tref angulos quatuor  reflis offe
Minores. v

H

D G

Abfcinde aequales BA, BC,ED, EF, HG,
HK, & iunge AC, DF, GK, ex quibus con-
ftrue ALMN ita, vt LM=—AC, & MN =
DF, & LN = GK, quod femper “ fieri, », 1.
poterit,  Dein Ao LM N circumfcribe # a.s.
circulum, & eius plano ex centro Q ad reftos
angulos conflitue ¥ re@tam, in qua cape ®7.12. IT.
QR=V (ABq—LQq), & iungeRL, kM, kh-47.1.
RN, Faltum erit,
Primo, demonftrabimus, femper effe AB
b 48 8 - ;
- Caf. 1, Cadat centrum Q intra A LM N,
TIam {i non fit AB> QL : erit AB=QL aut
<QL, SitAB=QL. Iunge QM, QN,
Quia ergo BC=AB=QL=QM, & * AC,. conftr,
=LM: erit ang. B= < LQM. _Similiter. g. 1.
patet,efle ang. E:=MQN, &ang, H=LQN,
Lrgo erit B-+E -+~H =LQM ~-~MQN
X5 LON

K



1 2. (ch. LQN =" 4 velis; contya hypothefin, Sit

15.1.

3.2.6,

5 4.6, 5

% 14, §:
4 25 I.

20, 1.
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A D 1 NG K
veroAB< QL. . Cape QO = QP == AB,

‘&iunge IP. Erit ergo OL=PM,&QO:
OL=QP:PM. Quare* OP, LM erunt
parallelae, & €igo in acquiangulis A LM Q,
OPQrent* QECTM =Q: OP,. S&d
QL>Q0. Ergo LM*>0P. Quiaigi-
tur & AC > OP,erit* ang. B> OQP, Ea-
dem ratione ang. E > MQN, & H > LQN,
Ergo erit B~ E =~ H > 4 reflis; contra
hyp. Igitur quia AB nec=nec <QL: erit
AB>LQ,

E H

G K

Caf. 2. Cadat centrum Q inlatus MN. Tam
fi dicas AB =QL: ecunt DE=F(F = AB
=QL=QM=QN ideoque DE + EF
—=MN =DF. Q.E, A& SidicasAB<
LQ: erunt DE -~ EF < DF, Q. E. A%,
Ergo AB >'LQ. :

i 5 (:aj:




Caf, 3. Sit centrum Q extra A EMN. [am
fidicas AB=1LQ: erit ang. B¢ =LQM, &8 I
& H=LQN. Ergo B 4 H=MQN=$
E; contra hyp. Si dicas AB<C QL: fae
QO =AB, &QP=BC, QS=HK, & iun-
geOP, 0S. ' ErgoQO=QP=QS§S, & wti
inCafu 1. demonftrabitur LM >O0P, & LN
>0S.: ErgoAC>OP,&GK>0S, & ang.
B*>0QP, &ang. H>0QS. Fiat ang. 2. 25. 1,
0QT=H, & 0QV=8, & QT =QV=
QO; & iungantur OV, 0T, TV. Erititaque
LOVe= ACEE LM, &0T=6K=LN."4 1.
Sed quiaang. POQ >V0Q, &SOQ >T0Q:
erit POT vel MLN > VOT, & hinc$ MN £ 24. 1.
> VT, ideoque DE> VT.  Quum autem
OV.=ED & QB EF; erit ang. E>*
VQT,id eft E> B -~ H; etiam contra hy-
pothefin. ~ Itaque BA> L Q.

- Secundo dico,ang. folidumR efle ex tribus
planis B, E, H conftitutum,  Quia enim QR
plano circuli reftaeft: eruntang. RQL, ROM,
RQ N refti.  Suntautem aequalesLQ,MQ,
NQ. Ergo’ RL=RM=RN. Etquia

- QRq
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“47. 1.

7, 16. 1T,

¢ 10 1L

QRq= ABq —LQq, ac ob id QR g =
LQq==ABq:erit* LR == AB, & ergo
RM = BC, atque, ob. ML=—AC, ang,
LRM =B, Eadem ratione ang. LRN =
H, &ang. MRN = E. Quare ex tribus
planis B, E, H conflitutus eft folidus angu-
lus'R. o QB F; ; '
PROP. XXIV. THEOR,

B G Si folidum porallelis

A : planis contineatur: on-
; H pofita ipfius plana &7
aequalia €7 parallelo-

C
7 E gramma funt,
. 1, Nam quia plana
» § parallelaBH, CF fe-
cantur a plano ACin rettis AR, DC: erunt *
AB, CD parallelae. ~ Similiter quia plana AF,
B E parallela fecantur a plano 1 C: erunt 7
AD, BC parallelae.  Ergo AC eft Pgr. Si-
militer oftenditur, reliqua plana AF, HE, BE,
BH,FC effe Pgra. Q.E.D.
2. lupgantur AG DE. Quia AB, BG
ipfis DC, CE funt parallelae: eft ang. ABG¢=
: ; DCE.
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DCE. Sed AB*=DC, & BG =CE. Frgoe, 341,
A AGB=DEC, & igitur Pgr, BH=Pgr. CF.
Similiter oftendetur Pgr. AC == HE, & Pgr, '~
AF 2= BE. Y QG ED.
- * Scholium.

Et quia oftenflurn eft, ang. ABG=DCE. &
AB: BG=DC:CE: patet,aequiangula effe Pgra
oppofita, & latera circurn aequales angulos propor-
tionalia habere, ideoque etiant {imilia effe,

PROP. XXV. THEOR,

6 ik s 1 s g

: v b 24 e ,

1 : ? ’ Y é’
b b paAl -ER GHE N ‘r
s 0
: R' ; 'K. L,,D 4

i fo'idum parallelepipedum ABCD plano EF
Jecerur oppofitis planis A G, C H parallelo: erit
vt bafis AELK ad bofin EHDL,ita folidum
ABFL ad folidum EM CD. N
Produc enim A H vtrinque, & pone ipfi
EH aequales quotcunque HN, NO, &ipfi EA
aejuales AP, PQ quotuis, & coriple Fgra
QR, 'K, DN, NS, & PpdaPT, AV, HY, NZ;
Tam quia QP==P A= AE: erit " Pgr. QRu.5g. 1,
=PK=AL, &Pgr:P1=PB—BRE. Fk¥it
quoque Pgr. TQ...‘"'"...'{ VP &= 1GA; Et’"ﬁg;o_ triav. 240431,
plana folidorum PT. AV, EG tribus planis
aequantur. Sed triatribus oppofitis? dequan-
tur. Ergo?tria {olida PT, AV,EG 'aeqtia- ¢: 1o. def.
1a I
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T DI M N
7 ¥ ¢ ol
N2l Y [ Ly
Al | El| H| N o
S| :
P e
R ool a1 $

lia funt.  Similiter oftendetur tria {olida OY,
N C,H ' aequalia effe, Ergo bafis QL aeque
multiplex eft bafis AL ac folidum TE {olidi
GE ; & eadem ratione bafis OL aeque elt mul-
tiplex bafis HL ac {olidum OF folidi HE.
Porro fi bafis QL > =< OL: eft & ? foli-
dum TE > = < folido OF. Quare vt bafis
%.5.def. §. AL eft ad balin HL % ita {folidum G E ad foli-
dum HF, Q.E.D. e

PROP. XXV

& Y111, Mitte in planum ECD p

I. PROBL.
Ad datam rectam [;-

neam AB & od datum
in ipfa puniium A da-
to-angulo folido C aequa-

lem angulum folidwn con-

Situere.

. Sint DCE, ECF, FCD

anguli plani folidum G
-continentes. kx quouis

punéto I in retta CF de-
erpendic’:ularem‘ff G,

quae ipfi occutrat in G, & iunge CG. Dein
fac ang. BAH == £CD, &ang. B AK=ECG,
& AK-== CG; atque ex K plano BAH erige

Per«
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perpendicularem @ KL; quam fic == G F, &, Iz I,

mnge AL Dico faltum, : : *
Nam fiat AB=CE, & iungantur KB, BL,

GE,tF  Etquia reftae KL, GF planis BAH,

ECD perpendiculares funt: erunt ang. AKL,,

BKL, CGF, EGF retli. Dein'quia K A —

GC, & AB = CE, & ang. BAK = ECG:

ert * BK — EG, Sed KL = GF. Er.a. 4 1

go AL = * CF, & BL =% EF; ¢

inde ang, BAL 8 —— ECF, Similiter, fum-p,g_ n

ta AH — CD, & iunéis HK, HL, DG,

DF oftendeinus ang, LAH — F €D Fi-

go tres ang. plani BAH, BAL, LAH an- .

guli folidi A tribus planis ECD; ECF, .

FCD folidi Caequantur, Hine ang, folidus

— A i ;
A=YC L QE B 7. a%.1 T

PROP. XXVIL PROBL,
H M T D Adua
i : F refla linea
0 C " A B dite
A Ml G Jolido pay-
K : allelepipe-

do WD fimile & Sfimiliter ~ pofitum  folidun
paraleepipedim defcribpres R
- Fac?angulo folido C== A, it4 vt angulo 5
GCE =KAB, & ang. FCE=H AB,& ang.
GUF =KAH. Dein fac EC: CG=+BA:,, 12. 6.
AK,acGC: CF==KA: AH, & comple Per,: :
BH, ac folidum AL, . . Vs e O
Etenim ¢ Pgr. KB 0 GB; & Per. KH A, 1 gt

GF, &, quiaexaequo EC: CF=BA . AH, &confty,
Pgr.BH MV EF, - Ergo & tria reliqua Pora

i HL,

s 26. 11,
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wfeh2gmHL, LB, LK nvy 7 tribus reliquis DF,
&21.6.DE, DG. QuarePpd. AL ") ¥ Ppdo CD.

3. g.det.1x, Q.E. D ; :

PROP. XXVIIL THEOR.
B ¢ St folidum  paralle.
- G lepipedum A B plano
i) CDEF fecetur per
H - D diagonales CF, DE
. oppofitarum  planorum
E A folidum AB ab ipfo
plano CDEF bifriam fecabitir,
i34 1. Quia enim AGCF='A CFB,& A ADE
x.24. 11, = ADEH, & Pgr, AC==*BE & Pgr. GE
r10.def. ==C H: Prifma GCFEDA == * prifmati
U - CCEBHDE. Q. ED. : .
* Scholiuns,

Prifmata vero efle illas duas dimidias partes
Ppdi AB pater ex 24 11.&fchol einsdem. &ex
eo,quod per16.11.) planum CFED pauallelogram-
muni eft.  Conftar itaque, priftma tiangulaem
bafin habens dimidium elle paralielepipedi seque
alti &in eadem bafi GE confticati, vel in baiA H
bafis triangularis dupla. -

« PROP; X XIX. THEOR,

Solida parallelepipedn A B, A C in eade
quﬁ AD eademque altifudine , quoriom in_ﬁﬁe'ﬂ-
tes lineae AE, AF, GH; GI, KL, KM, DB,
D C in eisdem vefis lineis B, LC collocantur,
inter Je funt aequalia, £
- Quia KB & K¢ funt Pgra;&inde LB =

«3ax. TKD = MC: erit LM =# BC, & ergo A
f LEM
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LKM ="' BDC, necwg.1.
Ly ——1‘7'!“‘1; g non Pgr, EM—=¢HC.%36. 1.
r‘// g Eadem ratione A AEF
lZ gt = GHIL. Eft autem®
/ Pgr. LA = pG, &*24 11
D Pgr. MA==CG, E;-
K_.._ go Prifma AEFMLEK
A G =7 Prifm, GHICB D, * 0. def.
Hinc addito communi folido AKDGHFMB, '
tota Ppda ‘AB, AC aequalia erunt. Q.
E: i :

PROP. XXX. THEOR,

N Solida paralle-
['G 2 lepipeda ABEH,

ABDG in radem
bq/f eademque al-
titudine , quorum
lincae infiflentesin .
eisdem lineis re-
ttis non coliocan-

A e { P
tur, ‘inter Jeé aequalia funt, .
Producantur enim DF,MG, IH, EO, vt
{e inuicem fecent in K, L, N, & iungantur
KA, LP, OC,NB. Ergo Ppd. ABEH — ¢ ¢.29. II.
ABNK =¢ ABDG. Q.E.D.

.~ PROP. XXXI, THEOR,

Solida parallelepiveda AB,"CD, quae in
aequalibus funt bafibus AE, CF, €7 eadem alti-
tudine, inter f¢ funt aequalia, ;

Y ol
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L B O D Cof. 1. Sintin-

N\ g fiftenteslineac As

.— G, BE, HI, KL,

SRS, GMbr NO,PQ
H G

A ad rettos angulos
bafibus AE, CF, & fit ang, PFN == HEK,
NF —KE, & FP = EH. Erit ergo Pgr.

s.1.def 6.CF=— &’ Pgro AE. Eadem ratione quia

altitudines NO, KL aequales, & ang. ONF,
ONC, LKE, LKA retti funt: erit Pgr.ND
— &rv ipfi KB, & Pgr. CO==& v AL,
Quare & reliqua Pgra reliquis aequalia & fi-

¢ 10.def. milia erunt, & ergo Ppd.CD =" ipfi AB.

1. Q E D. .
g 1 Mz
, \O I
HIT § Pl
RN
A \ :
: N EXL | O
K R
Caf. 2. Sint iterum infiftentes perpendicu-
lares, fed ang. PFN non = HEK. Produe
NF in Q, & fac ang. QFR = HEK, & FQ
— HE, & FR = EK, & comple Pgr. QR a¢
seal. 1. folidumTR. Ergo erit Ppd. TR ¥ = Ppdo

" AB. ProducPF,SR, quae conueniantin V.&

perQducipfi PV parallelamQX,quam produc,
donec produétae CP occurrat in Y, & com=
ple Ppda TV, TP, quorum bafes funt Pgra
' | Q,

¥
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vQ, PQ. JamPpda TV, TR,eandem ba-

fin TF habentia, aequalia ? funt; & hinco. 29. I1.
Ppd. TV == AB.  Sed quia Pgr, FX = %% 35. 1.
FS—V AB= 2 CF: erit Pgr.FX: I’y =¥ conft.
CF: FY. Atqui Ppd TV: ;TP = pg “ VP
FX: FY, nec¢ionPpd. CD: TP=par.cp * 5 "
FY. Ergo Ppd, TV: TP=Ppd.CD: Tp.

Quare Ppd, TV = £ CD, ideoque Ppd. CDA-9. 5.
= AB. Q.E. D,

G 175 SiMisead 7

MAT A

K T E QWN v
Ca/:3. Nonfint infiftentes AG, BE, HI, KL,
CM,PZ,FD, NO perpendiculares bafibus.
Duc a punélis B, I, G, L, D, Z, M, O ad bafes
perpendicularesBQ,1R,GS, LT, DV, ZX, MY,
OW, & iungeST, QR, TQ, RS, XV, YW, YX,

VW. Eritergo Ppd. MV =17 GQ. Atqui,, eafys

Ppd. CD="MV, & Ppd. AB==°GQ. Ergo praec.

Ppd.CD=AB. Q.E.D 8. 29. vel

. * Schol. Itaque Parallélepipeda aequalia AB,CD 3% IT:
aequalium baflum aeque alta funt. Nam fi al-
terius A B altitudo maior effer: quia ipfius AB
pars capi poffet aeque alra ipfi CD, foret pars Ppdi
AB == Ppdo CD.  Ergo Ppda AB, CD inaequalia

* forent.
Y 3 PROP,

t Reliqui calus demonftrationem Le@or facile
~ addet.~ - Similis enim eft demonftrationi

cafus fecundi.
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v 45. 1.
2.31. 1T.
. 2§. 1L

. PROP. XXXII. THEOR.
 Sokida parallelepipeds AB, CD, quat ean-
dem habent altitudinem , inter [e _gimt vt bafts

AE, CF. ‘
D Ko
; ! /! =t :
| T L ae i
p - G

Applicetur ad FG Pgr. FH = ¢ AE,
& compleatur P 4D = ¢ AB. Quia
autem totum Ppd. CK fecatur plano DG:
erit * Ppd. DH vel AB ad Ppd, CD

 ficut bafis FH vel AE ad bafin CF. Q.

E. D. ;

+ Schol. Hine patallelepipedorum zequalium
quod maiorem bafin habet, minorem habet altitu- 2
dinem. Non enim eandem; quia fic Ppd inaequa-
lia erunt: nec maiorem; quia fic pars illins Ppdi
reliquo aequealta eodem maior, & a poriori totum
eodem maius erit.

PROP. XXXIIL THEOR.

: Q. Similia _folida parai-

\G|\p lelepipeda AB, CD inter
[ funt in triplicata ra-

H tione homelogorum late-
‘ \ rum AE, CF.

K
L

In produttis AEHE,
N GE cape EK=0CT,
M EL=FN, EM=FR/
N ~ Comple Pgr.. KL, &
ALN\R Ppd. KO. Iam quia
. Ppus
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ppd. ABn CD, ideoque ¥ ang. AEH ==$. g.def.11

CFN: erit ang, KEL==CFN, ac propterea &r.defs.

Pgr. KL = & 0 *CN, . Eadem ratione* ?é%&;

Pgr. KM == ny CR, & Pgr. OE = ny DF, 6 -

Quoniam ergo, & tria reliqua Pgra tribus re«

liquis aequalia & fimilia * funt: erit Ppd. KO «. fch. 24.

=M CD. ComplePgr.HK, & facPpda II.

HP, PL, ciusdem altitudinis EG cum Ppdo* to.def.1r.

AB. " Et quaB AE: CF = EHTFPN —

EG: FR: erit AE: EK=HE: EL==GE:

EM. Eftvero# AE: EK = AH: HK, &, ; ¢

HE: EL# == HK: KL, &GE: EM—=—#PE:

KM. Quare AH: HK=HK: KL— PF;

KM. ; Porro AH: HK —"Ppd, AB: Ppd.v.3a. 11,

BK; & HK: KL = Ppd. BK: PL; &PE; =

KM = Ppd, PL:KO. Ergo <+ Ppda AB,

BK,PL, KO, ideoque AB: KO = ¥ ( AB: ¢ 11.def,

BK) 3=(AH: HK) 3==(AE:EK)3=(AE: §

CF)3. Q.E.D.
' Corollarium,

Hine, fi quatuor re&tae lineae continue pro-
portionales fuerint, eft vt prima ad quartam,
itafolidum parallelepipedum, quod fir a pri-
ma, ad folidum,; a fecunda fimile & fimiliter de-
feriptam &, ' :

PROP. XXXIV. THEOR.
Aequalium folidorum parallelepipedorum AB,
CD bafes AE, CF funt reciproce proportionales
altitudinibus AG, CH.  Ef guorum folidorum
parallelepipedorum AB, CD bafes AE, CF Junt
reciproce proportionales altitudinibus AG, CH,
ea inter f¢ funt aequalia,

T3 Caf.
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Caf. 1. “Si infiftens

Tr K - tes rettae AG, LB,
Ne o 1K, NO, CH, LM,

f % ¥ £l FD, PQ funt bafibus

: AE, CF perpendicu-
'-AM'D,N- lares. : '

# 3% TR

" fch.,',:z.
13

. Hyp. 1. Si Ppds
& R AB = €D, & bafis

R AE =CF: erit & alt.

- AG = * CH, ' Erga

5 & K | AE: CR=CH: AG!
C P Sin autem alterutra ba-

fis AE> altera CF:

. quia tunc altitudo AG <7 CH, cape CR

= AG, & comple Ppd. SC.. Tam quia
AB ==CD: erit AB: CS =CD: CS. Sed
AB: CS=¢AE: CF, & CD: C§ —= ¢
Pgr. CM::Pgr.RL —: 7 CH: CR —=CH:
AG. Quare iterum eft AE: CF —CH:
AG "Q ED ™ i

Hyp. 2, Sit AE: CF=CH: AG. Iim
fi bafis AE==CF; erit & AG=CH, ideoque
Ppd. AB=*CD. Si vero AE> CF: erit
CH> " AG., Pone rurfus CR =AG, &
complePpd.CS. ErgoAE:CF=CH: CR,

- S6éd AE: CF = ¢ AB: CS, & CH: CR =~

$.9 54

CM: RL= ¢CD: CS. Frgo AB: €S
=CD: C§. Igitur iterum AB = CD.
QED, |

Caf.
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K B Caf: 2. Si infiftentes
&7\ o \ AG, EB, CH &c. bafi-

bus AE,CF non funt per-
\ v E. pendiculares: demitte Xx. IT.Tx

A TX7. in bafes perpendiculsres

GR, BS, OT, KV, AW,

P Ty (MK, DY, Q7 & %

; Q pleta intellige Ppda KT,

H MZ.
' ‘ Hyp. 1, Tam i Ppde
1& ' AB = €CD: quia Ppd.
% I AB=VEKT, &rpd CD¥30820.
N =MZ, et Ppd. KT = 1L

‘ M7. Quum itaque fit @, ..r I.
BG: DH=DY: BS: erit “ AE: CF =—
BY: BS, Qi E.D;

Hyp. 2. Deinde fi bafis AE: C€F = alt.
DY: BS: erit &“BG: DH=DY:BS. Er-e.24. 11.
goPpd. KT == ¢ M7, ideoque PpdAB =Y
€CD. Q.E.D :
* Coroll.

Oftenfum.eft fab hyp. 1. cal 1. Ppda re@a CD,
€S aequaliom & fimilium bafium efle inter fe vt
altitudines CH, CR.  Et quia his duobus Ppdis
quacuis alia duo- aequalia- & aeque alta fumi pofs
funt (per 31. 11.): patet in. voiverfam, duo quae-
cunque Ppda agqualium bafium effe in ratione
altitudinum.

; * Schol.

Propofitiones. 31. 32. 33. 34. cum fuis fcho-
liis & corollariis valent quoque de Prifmatis
triangularibus, propter ea, quae oftenfi fant in
prop. 238. ; :
Y 4 PROP.
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PROP. XXXV. THEOR.
G

Si_fint duo angu-
Ii plani BAC, EDF
aequales; €7 in ipfo-
rum verticibus A, D
reblae fublimes AG,
DH conflituantur,
quag cumreblis lipeis
a principio  pofitis
angulos contineant aequales, alterum GAB, GAC
alteri HDE, HDF ; in fublimibus aulem Juman-
tur quacuis punffa G,H, atgue ab ipfis ad pla-
na, in quibus funt angui primi BAC, EDF,
perpendiculares ducantur GK, HL; &7 o -
&is K, L, quae a perpendicularibus fiunt in plos
nis, ad primos anguins sungantur reftae lineae
KA KD: cum fublmibus aequales angulos KAG, -
LDH- continebunt, A uatiel - dd
. Pone. AN = DH, & in plano AGK duc
N O parallelam ad GK, quae ergo plano BAC
perpendicularis £ erit, A punétis O, L duc
ad rettas AB, AC, DE,DF perpendiculares
OB, OC,LE, LF, & iunge NC, NB, HE,: HF,
v 47-1- CB,FE. Iam quia ANq= ¥ NOq +0Aq,
& 0Aq="7 0Cq +ACq, & NOq -+ 0Cq
=¥ NCq: erit ANq=NCq-CAq, ideo-
48 . que dang. NCA'reftus; - Similiter oftenditur
ang. HFD reétus. Quare ang. NCA = HFD.
Pty Et quia NAC = HDF, ac AN — DH: erit
2.4 1. DC=¢DF. Fadem ratione AB=DE.
v 3.ax.1. Quare CB= ¢ FE, & ang. ACB =DFE, &
ang. ABC ==DEF. Hinc"ang, OCB zLFlé,

{g- 8- 114
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&ang. OBC=LEF, & obCB=FE,eft CO
= *FL. Vnde patet ¢ AO =DL.  Hinc
quoniam NOq +0Aq=ANq=DHq
=HLq -+ LDgq: erit ONq= HLq,&
NO==HL. lgitur conftat, ang. KAG =%, g I.
L D Hc Q' E. D; :

Corollar. ;

Ex hoc vero manifeftum eft, fi fint duo an-
guli plani reilinei aequales, ab ipfis autem con-
{tituantar {ublimes reGae lineae aequales, quae
cum reétis lineis a principio pofitis aequales
contineant  angulos, alterum alteri, perpendi-
culares NO, HL, quae ab ipfis ad plana, in
quibus funt primi anguli, ducuntur, inter fe
aequales efle, :

PROP. XXXVI. THEOR.

Si tres re€lae lineae A, B, C proportionales
Sint: folidum parallelepipedum, quod a tribus
Jit, aequale et folido parallelepipedo, quod fit
a media B, aequilatero quidem , aequiongu.o
autem antediffo. 3

0 HC DB

= g
Exponatur angulus folidus D, & ipfi B

aequales fiant DE,DG, DF,& compleatur Ppd.

DH, quod erit fattum a B. Ponatur K, —

A, & ad punftum K fiat * ang. folidus K =,

acKM = B, & KN=C, & compleatur Ppd. +a6.11,

KO, quod erit faltum a tribus A, B, C, &

2 & acqui-
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0 HCBHB

LD F&»: - ﬁ‘A

w ax. 17. &aequiangulum ipfi DH* Etquia?KL: DG

29. L. —DE: KN, & ang. LKN=—=GDE: erit Pgr.

a conltr. Nf —wuEG, Deinde quia & * ang, MKN

w34 6. __ ppE & ang. MKL=FDG, & KM=DF:

- erunt perpendiculares, a punélis M, F ad

s cor.35 plana NL, EG duttae, aequales *; id eft,

- Pppda DH, KO, aequales bafes habentia EG,

£ 4.def. 6.INL, acque alta % erunt, ac ergo aequalia °
o gt 1% QL E D, ;

PROP, XXXVIL THEOR. '

Si quatyor rectag lincae A, B, C, D propor-
tionales fint : 7 quae ab infis fiunt folida paral-
lelepipeda E, T, G, H fimiia €7 fmiliter de-
[iripta proportionalia erunt. Et fi quoe ab
ipfic fiunt folida parollelepipeda B, F, G, H
Sfimilia €7 fimiliter deferipta proportionalia fint :
& iofde reflac lineae A, By C, D proportio-
anles erusts ! \ s

ey B LD e

1. Nam quia Ppd. E (0 F: erit E: F="
+B)3. FKodem argumento erit G: H=
e hyp.&1.(C: D) 3. Sed(A:B) 3=5¢(C: D)3. Ergo
fch.a2. 5« B:F=Q:H. " Q.R.D:

=33 II. (A

2. Quia,
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2, Quia, vtantea, E: F—(A: B)3, &

G: H=(C: D)3, atque E: F=G: H: éut

(A B)3=(C: D)3, ideoque A: B == "4, o, fih
:D. Q.ED/ 22.5.

PROP. XXXVIIL THEOR.

Si planum AB ad planum AC reflum fit, &
ab vno puntlo D eorum, quae funt in vne plano
AB, ad alterum planum AC perpendicularis du-
catur; ea in communems planorum f[eélionem AE

Si negas, eadat extra,
p| vtDF, & apunflo F in
plano AC duc ad AE
/] perpendicularem FG, &
AJLJG | junge DG, Tam quia FG
% Perpendiculans 7 eft plano -, 4. def.-
K ¢ AB: erit ang. FGDre- 1.

Eus?, Sed & ang.DF Gv.3.def11.

reftus ¥ eft. Quare in A GDF duo rechi
funt. Q. E.A.

PROP. XXXIX. THEOR.

Si in folido parollelepipedo AB oppofitorum
planorum AC, BD latera fecentur bifariam ;
per  febtiones vera plana ducantur EF G H,
IKLM: communis planorum felio N O &7
Jolidi parallelepipedi diameter P Q  fo mutuo
bifariam fecabunt,

Tungan-
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D G G Iungantur QO,
0 1, OT PN, NS

MINC ‘ B Quoniam QB,DT
& funt  parallelae:
F/R' erit ang. QLO
St | =¢O0MT: Prae-

Kl terea QL % =
1 , TM. Et quia ¥

P E G ML DQ panlle

Aost) lae funt, item DT,

GH, QD: erit MO =x4DG =~ GQ =%
OL. Quare2 Q0 =— OT, & ang. QOL
=MOT, & ob id # QOT refta. Similiter
demeonftratur, SN == NP, & SNP reftam
efle. EtquiaPT, §Q, ipfiCB aequales &

A

© & paraliclae, ipfae aequales & parallclae

b £ II.

3. 7. ax. 1.
6 26,3

funt ; erunt & 1Q, PS aequales ¥ & paralle-
lae. = Ergo rectie NO, PQ funt in eodem ¥
plano T, & f{e mutuo fecabunt in R, Sed
quia ? ang. OQR = RPN, & ang. QOR =
PNR, & QO=?PN: erit* OR =RN, &
QR=RP. Q.E.D. ‘
* Schol.
Hine in omni parallelepipedo diametri omnes
fe mutuo bifecantin vno punélo R.
PROP. XL. THEOR. .
Si fint duo prifinata ABCDEF, GHKLMN
aeque alta, quorum vnum quidem bafin habeat
arallelogrammum ABCD, alterum vero trian-
gulum GHN, &5 parallelogrammim ABCD adu-
plum fit trianguli GHN: aequalia erunt ipfa
prifmata.
2 Com-
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E T P M
\O-
Ii

B N

AN o
tin i B il T T
Compleantur enim Ppda AO, HP, Et
“quoniam Pgr. AC = 2 AGNH = ¢ Pgr, 234 1.
GN, atque folida aeque alta funt: erit Ppd.»31. 11,

AO = " HP, ideoque Pr. ABCDEF = ¥ Pi.%-28. 11,
GHKLMN. QED, ' :

* Scholium.

Ex iis, quae haétenus oftenfa funt, demonftrari
potelt, payallelepipeda quaenis AB, CD, nec non
prifmata triangularia, effe in vazione compofita ba=
fiim AE, CF & altitndinum BE, DF.

B

E : K
A C 1 ; H

Intelligatur enim alind Ppd. DH, cuius bafis
FH— bafi AE Ppdi AB, & altitudo DF = alii-
wudini Ppdi CD.  Et quoniam eft AB: HD="*, .. 34,
BE: FD, & HD: CH=*FH: OF==AE! CF: 11.
erit AB: CD==" (AE: CF) ~~ (BE: DF), Fr.» 32. II.
go Parallelepipeda, & triangularia prifmata, Paral- ™ §* def. 6.
lelepipedorum dimidia, funt inter fe vg bafes &
altitudines, Q. E, D.

Quaf.
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D

P

EN /E
A ¢

Quae quam ita fint, patet fundamentum mes:
thodi; qua parallelepipeda & prifmata in Geome-
.ria pradtica metiuntur. Sumunt enini cubum
AB, & latus eius BE pro vm'ra;e, qua metiuntur
bafin Ppdi CD & altitudinem: & ex multiplica-
tione numerorum, qui bafin & altiradinem expri~
munt, gignitur numerus, qui foliditatem Ppdi CD
exprimit,  Sit (per 4.1ch. 23, 6.) bafis CF == ¢
AE, & altitado DF==2BE: & quia CD:AB=:
(CF:AEY==(DF: BE)== {9 I)4(2:1)

e TR T e CD ST AR

EVCLI-_



